1. Let us start by briefly recalling (some details may be found in [2] , [5] ) the construction of a holomorphic functional calculus morphism Let U be an open neighborhood of sp(α), and u\ 9 ... 9 u n9 ψ infinitely differentiate ^4-valued functions defined on U and verifying:
(i) ΣJLi Ui(z)(zi -at) + ψ{z) = 1, for all z in U.
(ii) ψ has compact support contained in U. (iii) ψ = 1 in some neighborhood of sp(α). Then = f{a) = n\(2πi)-n [ fdu x dz x du n dz n Ju defines a continuous ^4-linear morphism from &{JJ 9 A) to A. The compatibility of these morphisms as U varies over open neighborhoods of sp(α) produces T a . We have the following theorem, where U denotes a neighborhood of sp(a). (ii) For every h in <? (U,A) .
Proof. Let «,,..., u n , ψ be as above, and let f k = u k f, q k = g k ψ, and r jk = g k uj -u k gj. Then
Also

7=1
and therefore, differentiating and multiplying by dz\ dz n ,
Since supp(^/) and supp(^) are compact sets contained in U 9 we may proceed as in [5] (III, 4.9) , and obtain an n -1 differential form τ with supp(τ) contained in U and such that 
Multiplying by g k and adding gives fa = 0 and so, (i) is proved. Now let h be an element of<? (U,A) . By (1), (2), and (3) we have
Hence, by construction of the functional calculus, 
Proof. A partition of unity will put us in a situation where the theorem is applicable. Now suppose x is an element of A and consider σ(a,x) 9 the local analytic spectrum of x with respect to a ( [1] , [4] ). Putting / = x, we obtain that if σ(a,x) is empty, then x nΛ~x = 0. The conclusion x -0 is known only under additional hypotheses [4] . On the other hand, if I(U) denotes the ideal generated by (z/ -α/), i = 1,..., Λ in 0(U, A), then 7( (7) c H°{U 9d^)9 but the equality does not, in general, hold. Suppose U contains the joint spectrum of a\,...,a n . Since T^(zi -ai) = 0 for / = 1,...,«; we have the inclusion I(U) c Ker 7^. The following proposition shows that the ideals are the same. PROPOSITION 
Let U be a holomorphically convex open neighborhood ofsp(a). Then Ker T" = /(£/).
Proof. The ideal of #(U x U, C) generated by the functions (z 9 w)*->Zi-w i9 I = l,...,/i, is the ideal of functions analytic on U x U and zero on the diagonal Δ c U x U, for both ideals are closed, and they coincide locally. Since 0{U x U,A) = ^(C/ x ί/,C) ® ε ^4, it follows from [3] that all g: U x U -+ A null over Δ belong to the ideal generated by (z/ -Wi), for / = l,...,/2. Therefore, it / e 0(U 9 A), there are analytic g^:
Applying the functional calculus morphism in the w -variable,
Hence, if f(a) = 0,fe I{U).
Now we can relate this fact with the homological approach of Putinar ([7] ; see also [6] ); to do this we consider the presheaf &> over C n defined by
and let & be the sheaf defined by 3°. The standard definitions ( [6] ) give the identification Hence looking at the germs we have LEMMA 
The sheafs/ is the sheaf' & defined by the presheaf
We also have the following fact: PROPOSITION 
Let U be a holomorphίcally convex open neighborhood of'sp(β). Then (i) The functional calculus induces a topological isomorphism
(ii) The kernel of the canonical map consists ofnilpotent elements.
Proof. The first assertion follows easily from Proposition 2.1 and (*) above, since I{U) is closed in <? (U,A) . For the second, let f e<f A (U) and assume that the image of / is zero in j/(t/); this means that the class of the germ of / in srf z is zero for every z eU.
Then for every z° e U we have an n -tuple (gf^ ... 9 g%°)of functions analytic near z° such that / = Y J {z ι •-a{)gf in some neighborhood ofz°.
Using a partition of unity we are in the situation of Corollary 1.3; hence f{a) n+ι = 0. But this implies f n + ι e I(U) and this means that
We shall now study, for a neighborhood U of sp(#), the cohomology sequence resulting from the exact sequence of sheaves Note that when U is holomorphically convex, H P (U,@ A ) = 0, for all p > 0, due to [3] and the well-known case A = C. We have then the commutative diagram
->
KerL is isomorphic, because of the snake lemma construction, to the yί-module H°(U^)/I(U).
In fact, H°(U,^) K erL ®I(U). We obtain also the exact sequence, We have proved:
Note that KerL consists of the elements x in ^4 whose local analytic spectrum is empty. Therefore, L(x) = 0 implies x w+1 =0. If ^4 has no nilpotent elements, KerL = 0 and H°{U,f) = I{U). If n = 1, and sp(α) has no interior, A is α-representable: in this case, jV a = 0, for if g e <Λ(K), then g\vn(c-sp(a)) = °> and hence, Finally, we wish to compare α-representability and the unique extension property [4] . 
